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ABSTRACT

A two-dimensional, time-dependent cloud model has been used to simulate a moderate intensity thun-
derstorm for the High Plains region. Six forms of water substance (water vapor, cloud water, cloud ice, rain,
snow and halil, i.e., graupel) are simulated. The model utilizes the “‘bulk water” microphysical parameter-
ization technique to represent the precipitation fields which are all assumed to follow exponential size
distribution functions. Autoconversion concepts are used to parameterize the collision-coalescence and col-
lision-aggregation processes. Accretion processes involving the various forms of liquid and solid hydrometeors
are simulated in this model. The transformation of cloud ice to snow through autoconversion (aggregation)
and Bergeron processes and subsequent accretional growth or aggregation to form hail are simulated. Hail
is also produced by various contact mechanisms and via probabilistic freezing of raindrops. Evaporation
(sublimation) is considered for all precipitation particles outside the cloud. The melting of hail and snow
are included in the model. Wet and dry growth of hail and shedding of rain from hail are simulated.

The simulations show that the inclusion of snow has improved the realism of the results compared to a
model without snow. The formation of virga from cloud anvils is now modeled. Addition of the snow field
has resulted in the inclusion of more diverse and physically sound mechanisms for initiating the hail field,
yielding greater potential for distinguishing dominant embryo types characteristically different from warm-
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and cold-based clouds.

1. Introduction

The fact that ice particles play an important role
in the formation of precipitation is firmly established,
although details of ice formation and growth pro-
cesses in clouds are poorly understood. Detailed
knowledge of ice processes is complicated by the va-
riety of nucleation mechanisms which may initiate
the ice phase, the multitude of shapes and forms of
the ice particles themselves, and the often complex
nature of their motions. In attempting to bring order
to the multiplicity of ice forms, several ice particle
classification schemes have been proposed over the
years; in general, ice particles may be grouped into
four main classes: ice crystals, snow, graupel and hail.
The snow, graupel and hail particles possess appre-
ciable terminal velocities and thus fall relative to the
air, and may be termed precipitating ice particles.

Nearly 50 years ago, Bergeron (1935) theorized that
precipitation formation almost invariably required
the presence of ice particles, except in special situa-
tions. This theory is based on the realization that
water drops and ice crystals cannot coexist in equi-
librium at subfreezing temperatures due to the fact
that the saturation vapor pressure over ice is less than
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that over water (Wegener, 1911). Bergeron suggested
that ice crystals in supercooled clouds grow by vapor
diffusion at the expense of the supercooled water
drops until either all of the water drops are consumed
or all of the ice has fallen out of the supercooled
regions of the cloud. Findeisen (1939) provided sup-
port to Bergeron’s ideas and the theory has been re-
ferred to variously as the Bergeron, Bergeron-Fin-
deisen, or Wegener-Bergeron-Findeisen process; in
this paper, we shall use the term Bergeron process.
Observations at middle and high latitudes, begin-
ning in the era of the Thunderstorm Project (Byers
and Braham, 1949), have provided considerable sup-
port for the importance of ice processes to precipi-
tation formation in summertime convective clouds.
Additional supportive observational studies have in-
cluded Kuettner (1950), Project Whitetop (Koenig,
1963; Braham, 1964), Dye et al. (1974) and Hallett
et al. (1978), where the degree of sophistication in the
observations has increased dramatically with time.
These studies have established the role of capture
mechanisms (riming) in the subsequent growth of ice
particles after attaining certain size thresholds through
diffusional growth. The riming size threshold varies
with crystal habit (Hobbs, 1974) but, once attained,
quickly dominates particle growth. The density of the
rime deposit has been determined experimentally to
be a function of temperature, water drop size and

impact velocity (Macklin, 1962; Pflaum and Prup-
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pacher, 1979). An additional complicating factor in-
volving ice processes is the possibility of ice particle
multiplication within certain size and temperature
regions (Mossop, 1978) which can greatly enhance
the normally low ice concentrations at relatively
warm subfreezing temperatures indicated by ice nu-
clei measurements (as in Fletcher, 1962).

The theoretical studies of Danielsen et al. (1972)
and Nelson (1979) have demonstrated the impor-
tance of ice particles in the development of precipi-
tation. They used one-dimensional, detailed micro-
physical cloud models, including ice processes, and
obtained results consistent with observations. Nel-
son’s model appeared to be capable of detecting the
dominant precipitation initiating mechanism and the
dominant hailstone embryo type for various atmo-
spheric situations. In a somewhat different approach,
Koenig and Murray (1976) developed a two-dimen-
sional, axisymmetric numerical cloud model with
parameterized microphysics for water drops and ice
particles. Interesting features of their approach in-
clude the calculation of the ice particle number con-
centration without specifying the form of the size
distribution function, although the ice particles were
assumed to be monodisperse for many of the physical
processes and the use of variable ice particle density
assumptions and, hence, different fallspeed relations,
based on the mean particle mass and temperature.
In that study, the general comparison of model sim-
ulation against observations was satisfactory, and the
microphysical parameterizations seemed capable of
capturing many of the observed properties of gla-
ciating clouds with regard to the locations and sizes
of the liquid and solid hydrometeors. ¢

This study builds on a thesis by Chang (1977) and
a paper by Orville and Kopp (1977). We modify the
two-dimensional, slab-symmetric cloud model with
bulk water microphysics described by Orville and
Kopp (1977) by incorporating equations for snow
originally developed and tested in a one-dimensional
cloud model by Chang (1977). The primary results
of Chang’s study indicated the ability of the param-
eterized model to capture the dominant precipitation
initiation mechanism and dominant hailstone em-
bryo type for different soundings, similar to the results
of Nelson’s detailed model.

The following sections describe various aspects of
the current study in greater detail. Section 2 examines
the basic characteristics of snow and hail and provides
some basic definitions used in this study. A general
description of the cloud model and the parameter-
ization scheme are given in Section 3, along with the
various production terms, with particular attention
devoted to the snow equations. Section 4 describes
the initial and boundary conditions and the numer-
ical techniques. The results of three comparative ex-
periments to assess the influence of the inclusion of
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snow in the model are presented in Section 5. Section
6 provides further discussion of several points and
presents conclusions from this study.

2. The properties of snow and hail
a. The properties of snow

We shall use the term snow rather loosely in this
study to represent snow crystals, snowflakes and low-
density graupel particles. According to the Glossary
of Meteorology, snow is “precipitation composed of
white or translucent ice crystals, chiefly in complex
branched hexagonal form and often agglomerated
into snowflakes.” Snow particles typically range in
size from 2 to 5 mm diameter with bulk densities
ranging from 0.05 to 0.89 g cm™ (Pruppacher and
Klett, 1978). The major habits that snow crystals may
assume are needles, plates, columns, dendrites and
stellar crystals, with the particular habits being de-
pendent on the temperature and supersaturation with
respect to ice (Nakaya, 1954; Kobayashi, 1957; Ma-
gono and Lee, 1966; Mason, 1971).

Usually, ice crystals in a cloud grow by the diffu-
sion of water vapor to their surface due to the Ber-
geron process (Byers, 1965) and can, under suitable
conditions, increase in size to form snow crystals.
Snow crystals may grow by deposition and also collect
supercooled droplets that freeze on impact and endow
the crystal with a rimed appearance (Mason, 1971).
Snow crystals may also collide and aggregate to form
snowflakes, this being more pronounced in ice su-
persaturation conditions (Hosler et al., 1957; Hosler
and Hallgren, 1961; Hobbs, 1965). By continued de-
positional growth, aggregation, and the collection and
freezing of supercooled droplets, the snow crystals
and snowflakes may become embryos for graupel and
hail. The growth rate of these snow crystals and ag-
gregates is governed by the terminal velocities, col-
lision and aggregation efficiencies, while the terminal
velocity is a function of the mass and the dimension
of the particle itself (Locatelli and Hobbs, 1974; Prup-
pacher and Klett, 1978). Generally, the terminal ve-
locity of snow is between 0.5 and 3 m s™".

Measurements in clouds over the Cascade Moun-
tains, Washington reported by Hobbs (1975) show
that at temperatures between —4 and —25°C, the
range of number concentration of ice and snow crys-
tals varies little with temperature on the average, and
that the concentration may reach values as high as
107 m~3. This may be a reflection of the possibility
that ice crystal multiplication similar to that proposed
by Mossop (1978) is important in the clouds studied
by Hobbs. The studies of Gunn and Marshall (1958)
and Passarelli (1978) have indicated the size distri-
bution of snowflakes is similar in form to the well
known Marshall and Palmer (1948) raindrop size
distribution (i.e., inverse exponential).
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b. The properties of hail

In clouds with sufficiently strong updrafts, the rim-
ing of snow crystals, snowflakes and graupel particles
may continue until hailstones are produced. Accord-
ing to the Glossary of Meteorology, halil is “precipi-
tation in the form of balls or irregular lumps of ice.”
An individual unit of hail is called a hailstone which,
by convention, has a diameter of 5 mm or more.
Smaller ice particles of similar character are called
graupel, ice pellets or frozen rain. In this study, we
shall use the term hail rather loosely to represent high-
density graupel, ice pellets, frozen rain and hailstones.

The bulk density of hailstones tends to vary radially
from surface to core, with alternating concentric lay-
ers of lower and higher density. The density of such
hailstone shells has been found to vary usually be-
tween 0.8 and 0.9 g cm™ (Pruppacher and Klett,
1978). The terminal velocities' of hailstones range
from about 10 to 40 m s' or more. Auer (1972) has
summarized measurements on the size distribution
of hailstones and graupel particles. The concentration
for graupel particles with diameters between 0.5 and
5 mm range between 10° and 1 m~3, while large hail-
stones of diameters between 2.5 and 8 cm range in
concentration from 107¢ to 1072 m~3. Auer proposed
an inverse power law to describe the hail size distri-
butions while others, such as Douglas (1960) and
Federer and Waldvogel (1975), have proposed inverse
exponential distributions.

Present studies indicate that hailstones may origi-
nate either as graupel or frozen drops (Knight and
Knight, 1979). For warm-based clouds with cloud
base temperature 15°C or higher, the frozen drops
predominate in the formation of hailstones, while for
cold-based clouds with cloud base temperature 5°C
or lower, hailstones usually originate as graupel par-
ticles. List (1960) and Knight and Knight (1979)
identified graupel particles as embryos for about 80%
of the sampled hailstones which fell in Switzerland
and Colorado, where the vast majority of cloud base
temperatures are 10°C or colder. The graupel em-
bryos, in turn, may have originated as snow crystals
or on small frozen drops. Therefore, snow is an im-
portant factor in hailstorms, especially for continen-
tal, cold-based clouds. Recent in situ observations
support this point of view (Dye et al., 1974; Gagin,
1971).

3. The cloud model
a. General description

This model is mainly based on Chang (1977) and
Orville and Kopp (1977). It is a two-dimensional,
time-dependent cloud model with bulk water micro-
physics. The domain of the model is 19.2 km in both
the X and Z dimensions with a 200 m grid interval.

The model contains five classes of hydrometeors:
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cloud water, cloud ice, rain, snow and hail. Inclusion
of the snow content field allows for an intermediate
and distinct entity between the two forms of ice pre-
viously modeled, namely, the non-precipitating cloud
ice field and the hail field, resulting in a more phys-
ically sound representation of ice in general and, in
particular, in the production of hail. Previous versions
of the model (e.g., Orville and Kopp, 1977) generated
precipitating ice (hail) via either raindrop freezing or
through a crude representation of the Bergeron pro-
cess. The new treatment allows for more realistic hail
generation mechanisms via the ice phase since the
Bergeron process now produces snow which must
undergo further growth before transforming to hail.
In addition to the Bergeron process, snow may also
be generated by contact freezing and aggregation of
cloud ice. Hail may be produced by a variety of con-
tact freezing mechanisms and via aggregation of
snow. For the model warm-based clouds, the prob-
ability based freezing of raindrops (Bigg, 1953) is no
longer the primary mechanism for producing hail
embryos, since raindrop capture of cloud ice or snow
can now be major hail generation mechanisms.
The microphysical equations for snow, as sum-
marized below, generally follow the development of
Chang (1977), although the two-dimensional, time-
dependent (2DTD) version presented here differs
from Chang’s original treatment in some respects.
The terminal velocity of rain now includes height
dependency, and different values of parameters for
the terminal velocity and density of snow are used.
Chang’s treatment did not include a Bergeron pro-
cess, while previous versions of the 2DTD cloud
model have simulated this process (e.g., Orville and
Kopp, 1977). The 2DTD snow model includes the
Bergeron process, but as a generation mechanism for
snow instead of hail as originally developed. The ap-
proximation to the Bergeron process was also mod-
ified to conform to the more realistic scheme devel-
oped by Hsie ef al. (1980), who also developed a
modified form of the scheme to allow for coexistence
of cloud water and cloud ice in the temperature region
of —40 to 0°C. This scheme allows cloud ice to grow
via deposition at the expense of cloud water which
evaporates to water vapor (Bergeron process).

b. Cloud microphysics

The model contains five classes of hydrometeors,
all treated in a highly parameterized fashion. The
cloud water and cloud ice particles are assumed to
be small enough that their terminal velocities can be
neglected compared with the velocity of air, rain,
snow and hail. The rain, snow and hail possess ap-
preciable terminal velocities. The microphysical pro-
cesses simulated in the model are demonstrated in
Fig. 1 and explained in Table 1.
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F1G. 1. Cloud physics processes simulated in the model with the
snow field included. See Table 1 for an explanation of the symbols.

1) PARAMETERIZATION

Exponential size distributions are hypothesized for
the precipitation particles:

ng(D) = nog exp(—ArDg), n
ns(D) = nos exp(—AsDs), ()
ne(D) = nge exp(—AcDg), 3)

where nyr, Hos and nyg are the intercept parameters
of the rain, snow and hail size distributions, respec-
tively. The nyg is given by Marshall-Palmer (1948)
as 8 X 1072 cm™. According to the measurements
of Gunn and Marshall (1958), ngs is given as 3 X 1072
cm™*. Observations by Federer and Waldvogel (1975)
of hail distributions lead to a value of ~4 X 107*
cm™ for ngg. Dr, Ds and Dy are diameters of the
rain, snow and hail particles, respectively. The slope
parameters of the rain, snow and hail size distribu-
tions (Az, As and Ag, respectively) are determined by
multiplying (1), (2) and (3) by particle mass and in-
tegrating over all diameters and equating the resulting
quantities to the appropriate water contents; they
may be written as :
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Ar = (MB)O.ZS’ 4)
plr
0.25
As = (M) , (5)
pls
Q.25
A = (M) , (6)
plc

where /iy, [s and /; are densities of water, snow and
hail, respectively. The density of snow is assumed to
be 0.1 g cm™? in this study. The symbols Iz, /s and
l; are mixing ratios of rain, snow and halil, respec-

tively.

The terminal velocities for a precipitating particle
of diameter Dy, Ds or Dg; are

TABLE 1. Key to Fig. 1

Symbol Meaning

Pyt Melting of cloud ice to form cloud water, T = Ty,

Ppw Depositional growth of cloud ice at expense of cloud
water.

Piom Homogeneous freezing of cloud water to form cloud
ice.

Piacr  Accretion of rain by cloud ice; produces snow or
graupel depending on the amount of rain.

Praci Accretion of cloud ice by rain; produces snow or
graupel depending on the amount of rain.

Praur Autoconversion of cloud water to form rain.

Pracw  Accretion of cloud water by rain.

Prevp  Evaporation of rain.

Pracs  Accretion of snow by rain; produces graupel if rain or
snow exceeds threshold and 7 < Ty.

Psacw  Accretion of cloud water by snow; produces snow if
T < Ty or rain if T = Ty. Also enhances snow
melting for' T = Ty.

Psacr  Accretion of rain by snow. For 7 < T, produces
graupel if rain or snow exceeds threshold; if not,
produces snow. For T = T, the accreted water
enhances snow melting.

Pspqn Accretion of cloud ice by snow.

Ps,ur  Autoconversion (aggregation) of cloud ice to form
snow.

Psew Bergeron process (deposition and riming)—transfer of
cloud water to form snow.

Pse Transfer rate of cloud ice to snow through growth of
Bergeron process embryos.

Pspep Depositional growth of snow.

Pssyp Sublimation of snow.

Psyr Melting of snow to form rain, 7= Ty.

Psaur  Autoconversion (aggregation) of snow to form graupel.

Perr Probabilistic freezing of rain to form graupel.

Pgacw Accretion of cloud water by graupel.

Pcact  Accretion of cloud ice by graupel.

Pgacr  Accretion of rain by graupel.

Pgacs  Accretion of snow by graupel.

Pssus  Sublimation of graupel.

Powir  Melting of graupel to form rain, T = 7. (In this
regime, Pgacw 1s assumed to be shed as rain.)

Power  Wet growth of graupel; may involve Pgacs and Pgaci

and must include Pgacw Or Pgacr, of both. The
amount of Pgacw which is not able to freeze is shed
to rain.
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P 1/2
Upg = aD%(;“) , (7
p 1/2 R
UDs=cD§(;°) , (8)
4 1/2
UDG=(§%) D\, ©)

The terminal velocity Upg of rain is suggested by Liu
and Orville (1969) who performed a least squares
analysis of Gunn and Kinzer’s data (1949). The con-
stants @ and b are 2115 cm'™® s™! and 0.8, respec-
tively. The terminal velocity Upg of snow is based on
the relations suggested by Locatelli and Hobbs (1974).
Specifically, Ups is that appropriate for graupel-like
snow of hexagonal type, with the constants ¢ and d
being 152.93 cm'™ s™! and 0.25, respectively. The
square root factor involving air density allows for in-
creasing fallspeeds with increasing altitude, similar to
Foote and du Toit (1969). The terminal velocity Upg
of hail is proposed by Wisner et al. (1972), with the
drag coefficient Cp assumed to be 0.6.

Following Srivastava (1967), we define mass-
weighted mean terminal velocities as

U= f Upl(D)dD/I, (10)

where Up is the terminal velocity of a precipitating
particle of diameter D, /(D) is the mixing ratio of a
precipitating particle of diameter D, and / is the mix-
ing ratio of a precipitating field. Applying (10) to each
precipitating field, we obtain the mass-weighted mean
terminal velocities of rain, snow and hail:

a4 + b 12
UR=———(6A,I,{ ’(%) , (11)
T4 +d 12
S v I
_ T4, 5)( 4g:oc;)”2
Us =635 \3Cpp) (13)

The mass-weighted mean terminal velocities of rain,
snow and hail are shown in Fig. 2.

2) WATER CONSERVATION EQUATIONS

Four conservation equations are considered here:

a
£=—~V'Vq+V'Kth—'PR_PS_PG’ (14)
Alr _ —V.Vig + VK, Vi,
at
14
+PR +'—_(URlRp)s (15)
p 0z
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FIG. 2. Mass-weighted mean terminal velocities for rain, snow
and hail. The four curves from 9 to 19 m s™' are for hail. The four
curves from 3 to 10 m s~ are for rain. The remaining four curves
are for snow.

%= -V.Vii+ V.K,Vi
at
190
+ Ps+ — — (Uslsp), (16)
p 0z
%’f - V.V + VK,V

19
+ P+~ — (Uglgp), (17)
p 0z

where q= ICW + lC] +r; lcw, lC], IR, ls, IG and r are
the mixing ratios for cloud water, cloud ice, rain,
snow, hail and water vapor, respectively; and Pg, Ps
and P; are the production terms for rain, snow and
hail. These terms will be considered in more detail
in the next several subsections. Only the final form
of the microphysical equations will be presented here.
For a more detailed explanation of the derivations,
the reader is referred to Wisner ez al. (1972) or Chang
(1977).

The last terms in (15), (16) and (17) are the fallout
terms. All of the first terms on the right-hand side are
advection terms; the second terms are diffusion terms.
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¢. Production term for snow

We have noted earlier that ice crystals originally
grow by deposition until reaching a size where ag-
gregation and riming become important, leading to
the formation of snow crystals and snowflakes. Within
the model, the processes considered to generate snow
are the collision and aggregation of the smaller cloud
ice particles, contact freezing of small raindrops, and
depositional growth and riming of ice crystals. Once
generated, the snow continues to grow by accretion
and deposition. Sublimation and melting reduce the
snow content.

The total production term for snow may be written
for two temperature regimes.

(i) If the temperature is below 0°C (T < Ty)

Ps = Psaut + Psaar + Psacw + Psrw + Psg
+ Praci(83) + Piacr(93) — Psacs — Poaut
~ Pracs(l — 8;) + Psacr(62) |
+ Pssur(l — 6,) + Pspp(d)).
(i1) If the temperature is above 0°C (T = Ty)

(18)

Ps = Psvut — Pgacs. (19)
where §,, 6, and &; are defined as
T<T, ]
5, {l, for Ilew+15>0
0, otherwise
5, = {l, for lrandls<10*gg™! |
0, otherwise . (20)
5 = {1, for lg<10gg™! | (
0, otherwise
T=T,
6, =6,=06:=0

- Each production term will be discussed in detail be- -

low and typical values for most given later in Fig. 3.

1) ICE CRYSTAL AGGREGATION

The aggregation rate of ice crystals to form snow
is assumed to follow parameterization concepts orig-
inally proposed by Kessler (1969), to simulate the
collision-coalescence process for cloud droplets. It
may be written as

@1

where «, is a rate coefficient (s™!), which is temper-
ature dependent, and /, is a threshold amount for
aggregation to occur. In this study, we set /;, to be
1073 g g~'. The relationship used for the rate coeffi-
cient is

Psaur = a(ler — L),
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oy = 1072 exp[0:025(T — Ty)],

which is a crude parameterization of the dependence
of aggregation efficiency on crystal structure which,
in turn, is temperature dependent.

The physically similar mechanism of aggregation
of snow to form graupel, Pgayt, Will be described in
subsection 3d, along with the other hail production
terms.

2) ACCRETION

A variety of accretional growth mechanisms in-
volving the interaction of snow with the other classes
of hydrometeors are allowed in the model. There are
also accretional processes involving the other classes
of hydrometeors which may generate snow. The
mathematical formulation for these accretional pro-
cesses which produce or involve the snow content will
now be described. .

The accretion of cloud ice by snow is an aggre-
gation process which occurs if the temperature is less
than 7, (273 K). The rate of accretional growth,
Pspcy, 1s based on the geometric sweep-out concept
integrated over all snow sizes for the assumed snow
size distribution (2) which yields

wEgmnoscle T + d) (po)'?
Popcr = —2 S4>\C3:+d( _p_o s (22)

where Eg; is the collection efficiency of the snow for
cloud ice. Similar to the rate coefficient for ice crystal
aggregation noted for (21), the collection efficiency
of snow for cloud ice, Eg, is assumed to be temper-
ature dependent and can be expressed as

Es; = exp[0.025(T — To)]. (23)

The accretion of cloud water by snow, Pgacw, 1S
similar to (22), and is expressed as

7 EswhosclewTG + d) (p0)”

Pgpew =

where Eg) is the collection efficiency of snow for
cloud water, which is assumed to be 1 in this model.
Pg,cw will increase the snow content by accreting the
cloud water and subsequently freezing it if the tem-
perature is lower than 0°C. If the temperature is
warmer than 0°C, Psacw Will contribute to the rain
content via the assumption that unfrozen water will
be shed from the snow particles. This will be described
later in subsection 3e. The sensible heat associated
with the accreted cloud water will also enhance the
melting of snow [see Eq. (32)].

In the following discussion, terminology which is
largely an artifact of the hydrometeor classification
scheme adapted for this study will be developed and
applied. This artificiality is related to the various in-
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teractions possible between liquid and solid water
forms in the subfreezing regions. For the process of
snow accreting cloud water, Psacw, the interaction
between the liquid (cloud water) and solid (snow)
particles results in an increase in the original solid
class (snow) and a loss in the accreted quantity (cloud
water). We refer to this type of interaction as a two-
component freezing process.

A more complicated situation is that typified by
the interaction of rain and cloud ice. In this case, the
interaction of small ice crystals (cloud ice) with large
water drops (rain) produces a large ice particle (snow
or hail). This situation in which the mutual interac-
tion of two separate water classes (in this case, rain
and cloud ice) results in a third, distinct water form
(snow or hail in this case), is referred to as a three-
component freezing process. For a three-component
freezing process, two separate accretion rates must be
calculated to determine the appropriate sink terms
for each of the mutually interacting forms of water,
and the sum of these two rates determines the source
term for the distinct water form which resuits.

Having dispensed with these preliminary consid-
erations, we now return to the microphysical devel-
opment. In the temperature region 7 < T}, super-
cooled water drops will freeze due to contact with
solid particles. Accordingly, we assume that raindrops
accreting cioud ice will freeze and the resultant solid
particles contribute to the solid precipitation (snow
or hail). Two production rates must be considered in
this three-component freezing process; namely, the
accretional rate of rain for cloud ice (Pgacr) and the
freezing of raindrops which collide with cloud ice
(Piacr)- The first rate is a sink for the cloud ice con-
tent, and the second is a sink for the rainwater con-
tent. Both terms are sources for either snow or hail,
depending on the mass threshold criterion defined
later in this section.

First, we consider the accretion of cloud ice by rain,
a sink term for cloud ice and a source term for snow
or hail. Applying the geometric sweep-out concept
and integrating over all rain sizes for the assumed
distribution given by (1), we obtain

172
(@) . (25)
P

The coilection efficiency of rain for cloud ice, Eg,,
is assumed to be 1 in this model.

Now we shall consider the sink term for rain due
to the presence of cloud ice, Piscr, Which is also a
source term for snow or hail. Due to the lack of an
individual prognostic value for cloud ice number con-
centration in the present model, we shall assume the
small ice crystal size distribution to be monodisperse
with each ice crystal being of constant mass M; = 4.19
X 107" g. With raindrops and cloud ice particles as-

_ wEgmoralc (3 + b)
PRACI - 4>\%+b
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sumed to be distributed evenly in the volume, and
integrating over all raindrop sizes, we obtain the ac-
cretion rate of rain by cloud ice particles, Piacr, which

may be written as
o 1.2
(—") . (26)
p

Since the cloud ice is small compared to raindrops,
the density of the new product will be determined
mainly by the amount of rain. In other words, the’
interaction of rain and cloud ice is likely to result in
the formation of hailstones as long as the raindrops
are fairly large. However, it is difficult to determine
the result of each collision in this bulk water simu-
lation; therefore, we will assign a threshold for the
rainwater content to determine whether the interac-
tion of rain and cloud ice results in snow or hail (see
Fig. 1). Based on preliminary calculations, we con-
cluded that if the mixing ratio of rain is [r < 10™* g
g~!, then all the raindrops will be small enough to
become low-density particles (snow). If I > 107 g
g7, then the Piacr and Prac contribute to the for-
mation of hail and provide an important collisional-
freezing mechanism for the generation of frozen drop
hailstone embryos. This collisional-freezing mecha-
nism (three-component freezing) usually dominates
over the probabilistic (Bigg, 1953) freezing of rain
which had formerly been the sole avenue for the gen-
eration of frozen drop hailstone embryos.

We now consider the interaction between: snow-
flakes and raindrops. The accretion rate of rain for
snow, Pracs, and the accretion rate of snow for rain,
Psacr, are as follows:

P
Praocs = 2l‘lwe”ma”osl Ur - Us|(;S‘)

5 2 0.5
+
x (A%AR * AL x‘sxi) > @D

w2 Ernoralcipwl'(6 + b)
24MNG

Piacr =

Pw
Pgpcr = WzESRnosn0R|Us - UR|(7)

5 2 0.5
X + o+
(ms NN m%)’ (28)

where the collection efficiency of snow (rain) for rain
(snow), Egg, is assumed to be 1. Derivation of (27) .
and (28) requires that we assume that all raindrops
and snow particles are falling at their appropriate
mass-weighted mean terminal velocities. The as-
sumption is required due to the fact that the differ-
ence in fallspeeds of interacting particles must always
be treated as a positive quantity to properly define
the sweepout volume. This requirement is further
complicated by the fact that the derivation of (27)
and (28) requires a double integration over all rain-
drop and snow particle sizes.
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A similar assumption is required in deriving other
rates involving the collection of one class of precip-
itating particle by another class of precipitating par-
ticle, i.e., (29) and (42). Compared to detailed cal-
culations in which the interacting species are discre-
tized into many size categories, these four bulk rates
may all provide erroneous estimates. The nature of
the errors variés considerably over the full range of
likely equivalent water content values and also is gen-
erally different for each rate. We have investigated
various formulations of these bulk rates but have been
unable as of yet to find satisfactory alternatives. We

remain concerned with this problem, and efforts to

remedy the erroneous estimates are continuing.

In the temperature region 7T < Ty, if [ = 107* ¢
g lorls>10"*gg™!, we assume a three-component
freezing process with both rates Psscr and Pracs con-
tributing to the formation of hail. If the mass thresh-
old criterion is not met, i.e., both /; and /g are less
than 107 g g!, the physical interpretation changes
to a two-component freezing process. In this case, the
snow grows at the expense of the rain and only the
rate Psacr [EqQ. (28)] need be calculated. In the tem-
perature region T = Ty, Psacr Will not be active ex-
cept to enhance the melting of the snow due to the
sensible heat associated with the accreted rainwater
[see Eq. (32)].

The accretion of snow by haxl Pgacs, always con-
tributes to hail content whether the temperature is
less than Ty or not. The equation for the production
rate is

Pgacs = wEgshostiocl Ug — Usl(e;s)

x( 5 . 2 .05
MAe AN M

) , (29)

where Egg, the collection efficiency of hail particles
for snow particles, is assumed to be a function of
temperature given by

B {exp[0-09(T — To)l,
710

T<T,

T=T, (30)
Note that the collection efficiency of hail for snow is
considerably less than that of snow for ice crystals
given by (23).

3) DEPOSITION (SUBLIMATION)

The depositional growth rate of snow, Pspep, iS
mainly dependent on the supersaturation with respect
to ice. Based on the depositional growth of snow crys-
tals given by Byers (1965) with a modified ventilation
effect, the equation for Pgpep is given as
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Pspep (or Psgyp) = %’% nos[0.78)\§2
yap(4t5 12| PO v ~1/2) =(d+5)/2
+031SP0( 2 ) 2)imagaen |
p
where ,
Lg 1
” — B =
KrRT P O

and we have assumed that the ventilation of heat is
equal to that of mass, and that the ventilation coef-
ficient for snow takes the same form as that deter-
mined by Beard and Pruppacher (1971) for small
raindrops. From (31), sublimation (a negative con-
tribution) occurs if the air is subsaturated with respect
to ice, i.e., S; < 1. An indicator 8, as defined in (20)
is applied such that Pspgp and Pssyp will not occur
simultaneously. Deposition occurs inside a cloud
only when the temperature is lower than 0°C. From
(20), Pssys is a sink term for snow when T < 0°C and
the snow is outside the cloudy region. Although these
two terms Psprp and Pssyp ¢an be combined as a
single term and thereby eliminate the need for §,, we
chose to keep them separate to provide a more thor-
ough accounting of these terms.

4) MELTING

The melting of snow is treated in a fashion anal-
ogous to that used for melting of hail by Mason (1971)
and Wisner et al. (1972). The melting rate is based
on heat balance considerations with the cooling as-
sociated with the melting being balanced by the com-
bined effects of conduction and convection of heat
to the particle surface, the latent heat of condensation
and evaporation of water to or from the particle sur-
face, and the sensible heat associated with the ac-
creted water. The rate of melting of snow to form
rain can be expressed as

2
Pouir = — — (KT, — Lu\(/pArs)nos[OJS)\Ez

1/4
+0.31 Sl/3I~(d ‘; 5) 1/2(89) ,,~1/2)\§(d+5)/2]
p

CT
Ly

(32)

In (32) we have employed the same assumptions re-
garding the ventilation coefficient noted for (31) and
have assumed that the collected and melted water is
at the air temperature 7, rather than the wet bulb
temperature, which is more physically appropriate
(Kinzer and Gunn, 1951). Rasmussen and Prup-
pacher (1982)-have investigated the melting of small
frozen drops experimentally and theoretically and
have shown that theory underpredicts the melting
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rate. They attribute the difference to the role of in-
ternal circulation in the water film. Another inter-
esting aspect of their study was the experimental dem-
onstration of the role of the vapor transfer term in
delaying the onset of melting until several degrees
above 0°C in evaporative conditions. Whether the
result is heating or cooling, the thermal effect of the
mass change due to the vapor transfer is significant
to the melting process, whereas the mass transfer rate
via the vapor phase is generally insignificant com-
pared to the melting rate. In this study, we shall ignore
the mass transfer via the vapor phase for ice particles

"in the temperature regime T = T.

5) THE BERGERON PROCESS

In this model, cloud water and cloud ice are per-
mitted tc coexist between 0 and —40°C. The Ber-
geron process simulated in Orville and Kopp (1977)
is modified to a more realistic scheme developed by

Hsie et al. (1980) and is used as a generation mech-

anism for snow instead of hail as originally developed.

Two terms, Pspw and Pgg, describe the rates at
which cloud water and cloud ice, respectively, trans-
form to snow by deposition and riming based on the
growth of a 50 um radius ice crystal. The equations
for these rates may be written as

Pspw = N,50(a1m7§0 + WEIWPICWR%SOUISO)’

Psgy = i/ Aty

(33)
(34)

where a, and a, are temperature-dependent param-
eters in the Bergeron process (taken from Koenig,
1971) and R150, Myso and U[50 are the radius, mass
and terminal velocity of a 50um size ice crystal. Nyso
is the number concentration (g™!) of the 50 um size
ice crystals and E;y is the collection efficiency of
cloud ice for cloud water which is assumed to be 1
in this model. For more information, including a
discussion of the temperature-dependent time scale
At,, the reader is referred to Hsie et al. (1980).

6) TRANSFORMATION RATES FOR SNOW

Fig. 3 shows several of the production terms for
snow for certain values of snow, rain, hail, cloud ice
or cloud water, and for representative environmental
conditions. The abscissa represents the bulk water
content of the accreting particles. The ordinate gives
the transformation rates in grams per gram per sec-
ond. The curve for Psyt is computed at +5°C and
water saturation conditions.

Some additional points are described here. Note
that in Fig. 3, Pracs is greater than Pgacs. This can
be explained by examining the total number concen-
tration of accreting particles »,. For precipitating
particles, IV, equals #yz (Or 1yg, Nos for hail and snow,
respectively) divided by Az (or Ag, As). The calcula-
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Fi1G. 3. Transfer rates for microphysical processes involving the
snow field. The mixing ratio of the class of particle being accreted
is set to be 1 g kg™’ unless otherwise noted.

tions show that the concentration of raindrops is over
50 times greater than that for hail at the same water
contents. This implies that given the same snow con-
tent, the rain particles will accrete snow particles
more effectively than does hail, although the differ-
ence in fallspeeds offsets this to some degree. Fig. 3
also shows that Pgacs is greater than Psacr, which
again can be explained by the number concentration
of the accreting particles, rain particles being a factor
of 1.17 greater in number than snow particles, for the
same mass contents.

The rate of freezing of rain via the collision-freezing
mechanism between rain and cloud ice (Pjacr) is not
depicted in Fig. 3. This rate is much larger than the
other rates depicted in Fig. 3 and is a reflection of the
fact that rain is rapidly frozen in the presence of small
amounts of cloud ice (Cotton, 1972). Production
terms, Psew and Psg, which are also not presented
in the figure, are much smaller than the other terms
shown. For /. fixed at 107° g g™', Pgrw ranges from
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F1G. 4. Collection efficiencies assumed in the model compared
with laboratory observations. The symbol X is for 127 um spheres
collecting 8-18 um crystals. The symbol O is for 360 um spheres
collecting 8-18 um crystals (Hosler and Hallgren, 1961).

about4.5 X 107" gg's't069 X 1070 gg s,
when /¢y is in the range of 107% to 1072 g g7!, Psyy
ranges from 8.8 X 107'°t0 3.2 X 10 gg~! 5!, with
lcrin the range of 5 X 1078 to 10~ g g7,

In the production rates Psacr [(22)] and Pgacs
[(29)], we used assumed collection efficiencies Es; and
Egs, given respectively by (23) and (30). A similar
temperature dependence has been assumed for the
rate coefficients for Psayr [(21)] and Pgaur [(37)).
Unfortunately, there have been few experimental
studies of ice collecting ice and no theoretical studies
due to the complexity of the problem. Fig. 4 compares
the assumed collection efficiencies to the values de-
rived from laboratory studies as reported by Hosler
and Hallgren (1961). The obvious disagreement be-
tween the assumed and observed collection efficien-
cies is due to the fact that the observed values were
obtained at ice saturation. In a related study, Hosler
et al. (1957) note considerably higher efficiencies at
ice supersaturation, the efficiency increasing with in-
creasing temperature. In a somewhat different vein,
Passarelli (1978) deduced a mean aggregation effi-
ciency of 1.4 + 0.6 from aircraft data. He noted ef-
ficient aggregation extended down to the —12 to
—15°C range and attributed the difference between
his findings and laboratory studies to the fact that
nature produces more elaborate crystals and larger
sizes. The assumed collection efficiencies reflect the
results quoted above in a number of ways:

(i) The assumed efficiencies, especially Egs, are
close to the observations at low temperatures where
ice saturation is more likely.
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(ii) Efficiencies are highest at 0°C, consistent with
the indirect evidence of efficient aggregation in this
region provided by the radar “bright band.”

(iii) The trend to higher than observed values in
the intermediate temperature range seems justified
due to the likelihood of ice supersaturation in this
regime.

(iv) Eg is greater than Egg consistent with the rel-
ative ease with which ice crystals are collected by
snow crystals as opposed to hard ice spheres as in-
dicated by Nakaya (1954).

d. Production term for hail

Both dry and wet growth of hail are considered in
this model, while only dry growth is considered in
Chang (1977).

The total production term for hail can be written
as:

(i) If the temperature is below 0°C (T < Tp):
Pg = Pgaur + Porr + Popry (01 Power)
+ Psacr(l = 83) + Pracs(l — 82) + Praar
X (1 — 03) + Pacr(l — 83) + Pgsus(t — 6;).  (35)
(ii) If the temperature is above 0°C (T = To):
Pg = Pgmir + Poacs- (36)

The definition of é;, 8, and §; are given by (20).
The two sets of coupled terms present in (35) [Prac,
Piacr and Pracs, Psacr], are given earlier by (25),
(26) and (27), (28). For Pract and Pjacr, hail will be
produced only when the mixing ratio of rain (/) ex-
ceeds 1074 g g™!. For Pg,cgr and Pgacs, hail production
results when the mixing ratio of either rain or snow
exceeds 107* g g™*.

1) SNOW CRYSTAL AGGREGATION

~ Rimed snow crystals may collide and aggregate to
form graupel or hail. The aggregation rate is assumed
to follow the form used to express the aggregation of
cloud ice to form snow [Eq. (21)]. The aggregation
rate may be expressed as

(37)

where a» is a rate coefficient (s™!), and /g, is a mass
threshold for snow; lgq is set somewhat arbitrarily at
6 X 10~ g g' as in Chang (1977). The rate coefficient
o, is assumed to be temperature dependent and. is
given as

Poaut = ax(ls — Iso),

a; = 1072 exp[0.09(T —~ Ty)]. (38)

Note that the temperature dependence of the rate
coefficient is the same as that used for the collection
efficiency of hail for snow [(30)].
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2) ACCRETION

Hail grows by accretion of other water forms in
either the dry or wet growth mode, with the applied
rate being the smaller of the two. The dry growth rate
Pgpry is the sum of the individual hail accretion
terms and can be expressed as

(39)

where Pgacs is given by (29). The rates of hail ac-
creting cloud water (Pgacw), cloud ice (Pgacy) and
rain (Pgacr) are described more completely in Orville
and Kopp (1977) and Wisner et al. (1972), and may
be written as

Popry = Poacw t+ Poact + Poacr + Poacs,

wEguioclcwI'(3.5) ( 4gpg )1/2
P, = , (40
GACW 4A3GS 3CDP ( )
wEgmoclal(3.5) ( 4gp \'?
Pgac1 = = 46}\§ ; 35;;) ) 41)
Poacr = T ZEGRnOGnORIUG - UR|(p7W)

0.5

A&y

5 2

X ()\?J\G + NkE + ) . (42)
In the above, Egr and Egy are collection efficiencies
of ice for water and are assumed to be 1. Eg; is as-
sumed to be 0.1 and 1 for dry and wet growth, re-
spectively. Pgacs i also a source term for hail when
the temperature is warmer than 0°C, allowing for the
fact that melting snow could be collected and retained
by melting hail.

The equation for wet growth of hail, Pgwer, i
based on Musil (1970) modified to include the ac-
cretion of snow and subsequently integrated over all
hail sizes. The rate may be written as

P, _ 2anop Ly Ars — K, T))
e oLy + C,T))

. 4goc 74
% [0'78*52 + 0-31Sé’3r(2.75)(f) ””’27\6”5]
D
CiTc
L,+CWTC)’ 43)

where L, is the latent heat of vaporization, Ar, = ryg
— r, the water vapor mixing ratio difference between
the hailstone (7,) at temperature 0°C and the envi-
ronment (r), ¥ is the molecular diffusion coefficient
of water, K, the thermal conductivity of air, T, the
Celsius temperature, and C,,, C;, the specific heats of
water and ice, respectively. As was noted earlier in
the discussion of (32), it is the thermal effect of the
vapor transfer that is of primary significance and we
ignore the mass transfer via the vapor phase during
wet growth.

+ (Pgac + P 'GACS)(I
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We shall now discuss implications of the wet
growth process in more detail. If all of the liquid that
is collected cannot be frozen, wet growth results and
shedding of water drops can occur. These shed drops
are assumed to be larger than cloud droplets so shed-
ding adds to the rain content. If Pgwer is selected as
the proper mode for hail growth, the amount of rain
actually frozen or shed is given by

Pgacr = Power — Poacw — Poaci — Poacs,  (44)
where Pgacr is given by (41) with Eg; set equal to 1
instead of 0.1, and similarly Pgacs is given by (29)
with Egg set equal to 1 instead of as calculated via
(30) The quantity (PGWET - PIGAC] - P,GACS) is the
wet growth due to the liquid water collected. If Pgacw
is less than (Pgwer — Poaci — PGacs), then Pgacr is
positive and some of the rain is frozen to hail. If, on
the other hand, Psacr is negative, some of the cloud
water collected by the hail is unable to freeze and is
shed as rain. By way of example, if wet growth can
freeze 10 units of liquid water, of which 5 units are
accreted from rain and 7 units accreted from cloud
water, giving us 12 units of liquid, then 2 units of
liquid are shed as rain so that only a net of 3 units
of rain are frozen; we get 2 of the 5 rain units back.
[In (44), P5acr is positive and some of the accreted
rain is frozen.] On the other hand, if again wet growth
can freeze 10 units and rain accreted by hail is 2 units
and cloud water accretion is 13 units, then the rain
content actually increases by 3 units. The rain content
not only retains the 2 units apparently lost to accre-
tion, but in addition gains 3 units from the shed cloud
water (Pgacr is negative). This shedding mechanism
may cause rapid transformation of cloud to rain and
occurs primarily in the 0 to —10°C region of the
cloud. In addition, any collision of hail with cloud
water in cloud regions warmer than 0°C results in
transformation of the cloud water to rain through
shedding (melting is also occurring, transforming hail
to rain).

3) RAINDROP FREEZING

The equation for raindrop freezing is based on the
work of Bigg (1953) and represents the formation of
hail from raindrops due to immersion freezing, as
explained in Wisner et al. (1972). It may be written
as

PGFR = ZOWZB,nOR(B”u‘/)
p
X {exp[d(To, — T)] — 1}Ar’, (45)

where B’ and A' are parameters in the Bigg freezing
process as determined from laboratory experiments.
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4) SUBLIMATION

If hail falls out of a cloudy environment, then sub-
limation will occur in a subsaturated region. Similar
to (31), we obtain the equation

P _2n(Si— 1) "
GsuB p—( 1+ B--")_ 0G

4«5’1"6)1/4 —1/2y -2 75]
— NG .
X (3CDP 14 G (46)

The (S; — 1) in (46) is negative in the subsaturated
region and thus Pggyp is a sink term for hail content.

|:0.78)\52 + 0.31S}°I(2.75)

5) MELTING

The melting of hail is based on heat balance con-
siderations as described in Mason (1971) and Wisner
et al. (1972). The melting rate Pgmyr 1S given by

2
Pomir = — (KT — LypArdng
pLs

X [0.78)\52 + 0.315°1(2.75)

4gpa)““ e ]
X { — /2A 2.75
(3CD voAe

G
Ly

(47)

(Pgacw + Pgacr)-
The discussion of the physics involved in this rate has
already been provided in the development of the
melting rate for snow, Psgvit [(32)]. The findings of
Rasmussen and Pruppacher (1982) noted in the dis-
cussion of (32), are especially relevant to (47). In the
current formulation, the accreted cloud water is shed

as rainwater and represents another source of rain
from cloud water.

e. Production term for rain

Similar to the previous sections, we consider the
total production rate first. The total production term
for rain can be written as:

(i) If the temperature is below 0°C (T < To):

Pr = Ppayr + Pracw — Piacr — Psarc

— Poacr (0 Pgacr) — Parr + Preve(l — 61).  (48)
(ii) If the temperature is above 0°C (T = To):
Pr = Prayt + Pracw + Psacw + Pgacw
— Pomur — Powur + Previ(l = 8)). (49)

The terms are described below.
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1) AUTOCONVERSION

The collision and coalescence of cloud droplets to
form raindrops is parameterized using a modified
form of the relation suggested by Berry (1968). It may
be written as

Praut = pllcw — Iwo){1.2 X 1074
+ {1.569 X 107 N/[Do(lcw — lwo)1}]™!,  (50)

where N, is the number concentration of cloud drop-
lets and D, the dispersion, with /o, a threshold for
autoconversion, set equal to 2 X 1073 g g~!'. When
the amount of cloud water exceeds /;, there is a
probability of forming raindrops. The introduction
of the threshold in (50) is an empirical modification
to Berry’s original form made to better simulate ob-
servations of first echoes. For cold-based clouds typ-
ical of the northern High Plains region, we normally
turn off Pgayt consistent with observations which in-
dicate the collision-coalescence process is rarely active
(Dye et al,, 1974). The value of N, and D, used in
this study are consistent with the continental nature
of the clouds but, even with the modification, do not
provide adequate suppression of the process. There-
fore we regard Case 3, which does not allow this pro-
cess, to be more realistic, especially with regard to
precipitation initiation.

2) ACCRETION

Raindrops, once formed, continue to grow by ac-
cretion of cloud water. By applying the geometric
sweep-out concept and integrating over all raindrop
sizes, this rate is given as

wEguwitor@lcwT(3 + b) (po)'?
AN ; , (31

Pracw =

where the collection efficiency Egy is assumed to be
1. This rate is the same as that used by Wisner et
al. (1972) and Orville and Kopp (1977), except for
a height correction applied to the fallspeed relation-
ship. Pracw always serves as a source term of rain
content, independent of temperature regime.

In the temperature region T < 0°C, there are three .
additional accretion terms which provide negative
contributions to the rain field; they are Piacr, Psacr
and Pgacr (o1 Pgacr) given respectively by (26), (28)
‘and (42). Two other accretion processes [Psacw (24)
and Pgacw (40)] provide positive contributions to
rain if the temperature is above 0°C. This is another
example of shedding in the model.

3) FREEZING AND MELTING

The freezing of raindrops Pgrg is a source term of
hail content and is a sink term for rain content






